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Abstract—Parallel stream processing applications are often
executed on shared-memory multiprocessor systems. Synchro-
nization between tasks is needed to guarantee correct functional
behavior. An increase in the communication granularity of the
tasks in the parallel application can decrease the synchronization
overhead. However using coarser-grained synchronization can
result in deadlock or violation of the throughput constraint for
the application in case of cyclic data dependencies. Resynchro-
nization tries to change the synchronization behavior in order to
reduce the synchronization overhead. Determining the amount
of resynchronization while preventing deadlock and satisfying
the throughput constraint of the application, forms a global
analysis problem. In this paper we present a Linear Programming
(LP) algorithm for minimizing synchronization by means of
resynchronization that is based on the properties of dataflow
models. We demonstrate our approach with an extended Con-
stant Modulus Algorithm (CMA) in a beam-forming application.
For this application we reduce the number of synchronization
statements with 30% while having a memory constraint of 200
tokens. The algorithm which calculates this reduction takes less
than 20 milliseconds for this problem instance.

I. INTRODUCTION

Parallelized applications typically require synchronization
for correct behavior. Fine-grained communication and syn-
chronization can help to prevent deadlock. However the
overhead caused by fine-grained synchronization can become
significant. By increasing the synchronization granularity, the
synchronization overhead can be reduced but this often comes
at the cost of an increase in the size of the communication
buffer. Resynchronization determines the maximum synchro-
nization granularity that still prevents deadlock and respects
throughput and memory size constraints. However determin-
ing resynchronization is a global optimization problem with
interesting trade-offs.

In the past it is shown that the amount of runtime overhead
required for synchronization can be reduced significantly by
removing redundant synchronization in statically scheduled
systems [1], [2] that are modeled with Synchronous Dataflow
(SDF) graphs. Methods are formulated to resynchronize these
type of systems [3], [4]. These resynchronization methods
add synchronization statements to make other synchronization
statements redundant. However, these methods can only handle
statically scheduled systems while this work also supports run-
time scheduled systems.

In this work we model parallel stream processing applica-
tions with the Cyclo-Static Dataflow (CSDF) model [5]. This
CSDF model is used to compute sufficient buffer capacities
given a throughput constraint. Because of the one-to-one
relation between an application and its CSDF synchronization
model, changes in the CSDF model can be translated back to
the synchronization of the application.

This paper presents a method for the resynchronization of
CSDF graphs. We extend the method described in [6] with
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the calculation of a maximum resynchronization while having
a throughput and memory size constraint where maximum
resynchronization is defined as the maximum number of re-
moved synchronization statements. We show that this method
can be applied to applications which have function-parallelism
and may have dynamic schedules (run-time scheduling). We
show that the modification of the CSDF graph can be used to
modify the synchronization behavior in the task-graph of the
corresponding application.

The outline of this paper is as follows. Related work is
discussed in Section II. In Section III we describe the basic
idea behind the presented resynchronization approach. In Sec-
tion IV we recapitulate the CSDF model and its properties on
which our approach is based. Our resynchronization approach
is described in Section V. Results of the evaluation of our
approach can be found in Section VI. This case-study also
shows that there exists a trade-off between memory size and
synchronization overhead. In Section VII we conclude and
indicate future work.

II. RELATED WORK

Reduction of the synchronization overhead has been ad-
dressed in [2] in which it is shown that removing redundant
synchronization in static order scheduled systems can reduce
the synchronization overhead. In such a system, synchroniza-
tion messages can be redundant because there exists a fixed
order between the execution of tasks on the same processor.
This observation of redundant synchronization messages can
also be used for the resynchronization of applications on
these systems. Adding synchronization statements can make
other synchronization statements redundant. If the number of
synchronization statements that become redundant is higher
than the number of added statements, the resynchronization is
effective and a reduction of the synchronization overhead is
achieved. Algorithms that perform this type of resynchroniza-
tion are presented in [3]. In [4] the same technique is exploited
but with an additional latency constraint. These two techniques
and their relation is developed further in [7].

For data parallel applications it is important to calculate
a suitable partitioning such that the different parts of the
data sets can be processed by different processors. In a suit-
able partitioning, communication often can be moved outside
a loop and the number of the communicated messages is
decreased. This is called message vectorization [8]. When
synchronization is required for each message, the reduction
of the number of messages also decreases the synchronization
overhead. Loop coalescing methods are presented in [9] and
[10]. Furthermore in data parallel applications the number
of communication messages can be decreased by moving
messages to different positions in the program such that other
messages become redundant. This optimization is addressed
in [11].



Compared to the above mentioned techniques, our technique
is able to perform resynchronization on CSDF graphs in
which it is possible to model applications with run-time
scheduling [12] and functional parallelism on which iterations
may overlap.

This work extends the work on dataflow analysis for buffer
minimization in run-time scheduled systems as described in
[6]. It relies on the same linearization techniques.

III. BAsic IDEA

The idea of increasing the synchronization granularity is
illustrated with the task graph shown in Figure 1. This task
graph is chosen as the simplest example to illustrate the basic
concepts. Each task in the task graph consists of a code
fragment. When each task is executed in parallel using run-
time scheduling, synchronization must be added to guarantee
functional correctness. Figures 2a and 2b show the code
belonging to the tasks with added synchronization statements.
Task ¢, first acquires some space to write in, then performs
the actual computation, writes the result in the buffer and
eventually releases the written place in the communication
buffer ¢, such that the result can be used by a consuming
task. Task ¢, first acquires the required data, uses it and then
releases the space again.

The synchronization behavior of this task graph is modeled
as a CSDF graph which is shown in Figure 3. The edges
in this CSDF graph with the same direction as the edges in
the task graph, model the synchronization of full places in
the buffer while the opposite edges model the space in the
buffer. The required capacity of the buffer in the task graph
is therefore equal to the sum of the number of initial tokens
on these two edges. With the CSDF graph the capacity of
buffer ¢, is determined to prevent deadlock or to guarantee
a certain throughput constraint. The phases in the CSDF
graph correspond with executions of the acquire and release
functions. In the CSDF graph, (4 x 1) is a shorthand for
(1,1,1,1), 4 phases with a production, consumption or firing
duration of one.

While the productions and consumptions in the CSDF
graph correspond with the synchronization functions in the
task graph, a modification of these productions or consump-
tions can be used to modify the task graph. For example
a modification of a consumption from one tokens to two,
can be used to modify the corresponding acquire function to
acquire two places instead of one. The idea is to calculate a
possible modification of the CSDF graph which can be used to
modify the task graph. Figure 4 shows the result of a possible
resynchronization of the CSDF graph. The second and the
fourth consumption on edge (v1,vs) are performed earlier.
This results in a larger number of required initial tokens. The
result of the resynchronization can now be used to modify
the task graph. A possible result of this modification is shown
in the Figure 2c. While the number of required initial tokens
corresponds the required capacity of the buffer in the task
graph, this buffer capacity also needs to be increased to two
buffer locations. This already shows that resynchronization
comes at the cost of an increased buffer capacity.

The buffer capacity determination algorithm as presented in
[6] is based on transforming the problem conservatively to a
linear problem. Linear bounds on the cumulative token transfer
are determined such that a schedule can be defined in which
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Figure 3. Synchronization behavior graph of the code in Figure 2

all tokens consumptions and productions are bounded by the
linear bounds.

In the determined schedule for actor vy on edge (v, v2), all
token consumptions can be bounded by a linear upper bound
such that all token consumptions are below this bound. A
possible schedule for actor vy of Figure 3, which is bounded
with a linear bound, ¢;2, can be found in Figure 5a. In
Figure 5b it is shown that an advancement of the second
and fourth consumption to an earlier time in the schedule
can be translated to a shift in the linear bound. If it was
possible to shift the linear bound upwards with the amount
needed for this advancement without violating the throughput
and memory size constraints, the transformation of the CSDF
graph as shown in Figure 4 is possible.

The algorithm presented in the next section, expresses the
resynchronization as a linear shift of the linear bounds. In the
LP algorithm, the shifts are maximized such that the possible
resynchronization is maximized. Shifting these bounds results
in larger buffer capacities. We illustrate this by means of
Figure 6. This figure shows schedules for the actors of the
CSDF graph in Figure 3. Tokens must be produced before
they are consumed. For edge ejo this can be ensured by
positioning the production bound (p;2) above the consumption
bound (¢12). This defines a constraint on the start times of
the first firings of the two actors. The difference between the
start times is annotated with 3 in Figure 6. For edge es; the
maximum vertical difference between the production bound
(p21) and consumption bound (¢21) specifies the number of
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Figure 4. Resynchronized analysis graph of the code in Figure 2
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while (1) {
for (int i=0; i<4; i++) {
acquireSpace(cx, 1);
x[i] = F(i);
releaseData(cx, 1);

while (1) {
for (int i=0; i<4;
acquireData(cx, 1);
printf ("%d”, x[i]);
releaseSpace (cx, 1);

} }

} }
(a) Task t1 (b) Task to
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Figure 6. Example schedules for the actor firings of Figure 3, with from left
to the right, the consumption bound on edge e21, the production bound and
the consumption bound on e12 and the production bound on ea1.

needed initial tokens, §(e21). This number of tokens ensures
that initially enough tokens can be consumed before tokens are
produced on edge es;. The number of needed initial tokens
corresponds with the needed buffer capacity in the task graph.
Shifting po; and éo; leads to an increase of the difference
between po; and ¢; and also shifting pio and ¢12 can lead,
due to the start time constraint, indirectly to an increase of
the vertical difference between po; and ¢o1. Each shift of the
bounds can thus lead, indirect or direct, to an increase of the
needed buffer capacity. This shows the trade-off between the
memory size and the resynchronization in the solution.

IV. ANALYSIS MODEL

In this section we describe the analysis model we use for the
calculation of maximum resynchronization. We first describe
the model and its formalization and then we define properties
of the model on which our analysis techniques rely.

The model we use to calculate the maximum amount
of resynchronization is a CSDF [5] graph that models the
synchronization behavior of an application. A CSDF graph is
a directed graph G = (V, E, 0, p, 7,7, 6) that consists of actors
V" and finite set of directed edges, £ = {(v;,v;) | vi,v; € V'}
where (v;, v;) is an edge from v; to v;. We furthermore write
€ij for (’UZ‘, ’Uj).

The number of initial tokens on edge e € F is given by d(e)
with § : £ — N. The number of distinct phases of execution of
an actor v; is given by 6(v;) and the actor transitions between
phases in a cyclic fashion. We call these #(v;) phases the
cyclo-static period.

A firing of an actor is enabled when on all input edges of
the actor sufficient tokens are present. The token consumption
quantum is the number of tokens that are required on an edge
e;; € F in a particular firing. This quantum is in firing f of
actor v; on edge e;;, y(e;;, ((f —1) mod 6(v;))+1) tokens,
with v : E x N — N. The specified number of tokens is
consumed atomically from all input edges when the actor fires.
The number of produced tokens in firing f of actor v; on
edge ¢;; is denoted by m(e;j, ((f —1) mod 6(v;)) + 1), with
m: ExN — N. All tokens of firing f of actor v; are produced

i++) {

while (1) {
for (int i=0; i<4; i++) {
if (i % 2 == 0) acquireData(cx, 2);
printf (7%d”, x[i]);
releaseSpace(cx, 1);

(c) Task to resynchronized

Parallelized code for Figure 1

atomically on each output edge at the end of firing f. A firing
ends p(v;, ((f—1) mod 6(v;))+1) time units after it starts.
For edge e;;, we define II(e;;) = Zef)(”’l m(ei;, f) as the
number of tokens produced in one cyclo-static period and
I'(ei;) = Zi(vl v(esj, f) as the number of tokens consumed
in one cyclo-static period. Furthermore we assume that each
actor v; has an implicit self-edge e;; with a single initial token
such that subsequent firings of an actor can not overlap.
Furthermore we make shorthands for the cumulative token
production and consumption of phase O up to (and without)
phase p: :(ewp) Zk 0 ﬂ(ezj,p) for the production and

A(eij,p) = Zk o (em,p) for the consumption.
We use ((e;;) to specify the size that a token on edge e;;

takes in the memory.

Consistency of CSDF graphs is defined as in [5]. Similar
to [5] we define a positive integer vector z of length |V|
which is called the repetition vector of the CSDF graph. For
each actor v;, element z; of the repetition vector denotes the
repetition rate of v; and specifies the relative firing frequency
between actors.

As we will see later on, resynchronization only modifies
the times of consumptions and productions within the cyclo-
static period. This means that II(e;;) and I'(e;;) do not change
and thus consistency is preserved. The repetition vector of the
CSDF graph does not change either.

For a strongly connected and consistent CSDF graph a
period p can be specified in which each actor should fire
z; - B(v;) times. This 4 can be used to steer the average token
transfer rate which corresponds with the throughput.

If a CSDF graph is executed in a self-timed manner, actors
start execution as soon as the required tokens are available.
Self-timed execution of a CSDF graph is monotonic. This
means that a decrease in response time or start time can only
lead to earlier production time and can therefore never delay
any later firing. As an addition to this, it can be shown that
an increase of the number of initial tokens cannot lead to an
increase in the enabling time of any firing [13]. This property
allows us to calculate with a conservative number of initial
tokens.

V. RESYNCHRONIZATION

In this section we first explain a method for transforming
resynchronization into a shift of the linear bounds on the
schedule as shown in Section III. We then extend the algorithm
used for the calculation of start times of the actors in [6]
such that a maximum resynchronization is calculated simulta-
neously with the start times while bounding the used memory.
The result is a maximum resynchronization for each edge
together with buffer capacities which satisfy the throughput
and memory size constraint. We use the method presented in
[6] to first determine a schedule for each actor. We refer to the



start time of firing f of actor v; in this schedule as s(v;, f).
We do not change these start times of firings but only assign
different consumptions / productions to the firings.

We assume as an input for the calculation of resynchro-
nization the set of edges for which resynchronization must
be maximized. £, C E and E, C E are the sets of
edges for which respectively consumption and production
resynchronization must be determined. For each of these edges
we assume that there is a specification of the phases on
which resynchronization must be calculated. For simplicity
we assume that the production / consumption quanta are equal
for all of the phases that are specified for resynchronization.
For the production resynchronization on edge e;; we specify
these phases as a list of consecutive phases of actor wv;
starting at phase P (e;;) and ending at phase PP?(e;;) :
(P{(eij),--.,PP(esj)). For the consumption resynchroniza-
tion the phases are specified similar: (Pf(e;;), ..., PS(eij)).
We use 07, = P?(e;;) — Py (ei;) + 1 for the number of phases
on which the production resynchronization is applied. The
number of phases on which consumption resynchronization
is applied is defined analogues and is called: 6F; .

The phases that are specified for resynchronization can
be bounded with a linear bound. We call this bound the
resynchronization bound. On each edge e;;, II(e;;) - z; tokens
are produced in p time. With this we know that a linear bound
with a slope of Wei) 2 g gble to bound the schedule of
the productions from below, we only have to determine the
vertical offset of this bound. The slopes of the production and
consumption bounds are equal because consistency tells us
that TI(e;;) - z; = I'(ei;) - z; holds. For edge e;; we write
ay; for its slope. We can now define a linear production
and consumption bound with slope «;; which only bounds
productions / consumptions of the phases specified for resyn-
chronization. In case of consumption resynchronization, this
partial consumption bound is always lower or equal to the
consumption bound on all the phases. The production bound
on the resynchronization phases is also always higher or equal
to the production bound on all the phases.

The partial consumption bound on the resynchronization
phases of edge ¢;; is called the consumption resynchronization
bound and can be defined as a;; -t + §;5 with §;5 as:

ﬁ:c: max E(ei'ap)_ai"sv‘ap) (1)
J PE(PY (eij),.-, P& (eij)) ( ! ! ( ! )

The production resynchronization bound of edge e;; can be
defined similar: a;; - ¢t + 37 with 37 as:

(A(eij,P)—

aij - (s(vi, p) + p(vi,p)))  (2)

Resynchronization can be seen as shifting consumptions
and productions in the time. Productions can be postponed
and consumptions can be advanced compared to the original
schedule. These shifts are allowed because tokens can be
produced later than was possible in the application and tokens
are consumed earlier than was needed in the application.
Logically productions and consumptions are shifted from one
phase to an other such that they correspond with a certain
firing. However this would lead to integer constraints in our
optimization problem. To linearize the problem, we decouple
the actual consumption and production from the phases. In

Zf = min
pE(Pg(eiz),--PE(eij))

our algorithm a consumption is an amount of tokens that
must be consumed somewhere in the schedule as long as it is
consumed earlier (or equal) than in the original schedule. For
the production we do the same but now we demand that the
tokens are produced at a later or equal time in the schedule
than in the original schedule. After the calculation of the
maximum shifts, the productions and consumptions can be
assigned again to actual phases.

For each of the edges on which production resynchro-
nization must be applied, we calculate a resynchronization
factor, Rf - ¢ R*. This factor denotes the maximum number
of phases that a token production may be postponed. For
the consumption resynchronization we have a similar factor:
Ri; € R* which denotes the maximum number of phases
that a token consumption may be advanced. These factors are
maximized in the algorithm given a memory size constraint.
The maximum value for R?. is (67, — 1), because then all the
productions can be shifted to the last phase of the cyclo-static
period and thus higher values of RY ; will not make sense. The
maximum value for Rf; is (6f; — 1).

The postponement of a production needs to be captured
by the production resynchronization bound which was defined
on the phases specified for resynchronization. The needed
shift of this bound can be conservatively defined such that
the productions are bounded for each possible value of the
resynchronization factor, Rfj. This can be done by using the
maximum time a production postpones if it is shifted from
one phase to a subsequent phase:

TP = max (s(vi,p) = s(vi,p— 1))

Y pe(PP(ei)+1,..., PE(ei))

With this we can redefine the production resynchronization
bound of €ij to aj - t+ ﬁ;p — AZ . Rfj with AZ = Quj - 777
The production bound on all the phases of e¢;; can now
be defined such that it also takes the resynchronization into
account. The vertical offset of this bound can now be defined

as:

7y = min(8f, B - Al - RE) )

From this definition we see that this production bound does
not change if the production resynchronization bound is higher
than the production bound on all the phases. We can therefore
use the distance between these two bounds as free resynchro-
nization space. In order to remove the min expression, we can
define a lower limit on the resynchronization factor such that
the production resynchronization bound is dominant for the
production bound and thus the freg res}ynchronization space is

—B” PP
always used maximally: R}; > ﬂ”'Af”. If 6”Af” is greater
ij

than (Hfj — 1), the difference between the resyﬁchronization
bound and the original bound is greater than the maximum
value of RY.. This means that the production on e;; can be
resynchronized fully without modifying the production bound.
In the algorithm presented below we can use the original
production bound as linear production bound for this edge
and can remove the edge from E, because resynchronization
does not need to be determined in the algorithm for this edge.

We now specify the vertical offset, 5.7 ', of bound j as:

ij
Tp .
Brp/ _ ﬂij if € S Ep
L By;  otherwise

4)



With this we can specify a new production bound on e;; in
which RY; is O for edges e;; ¢ E:

Bij (1) = iy - (t = s(v) + B = AL - RE +(ei;)  (5)

The bound on the consumptions shifted by the resynchro-
nization can be defined similar with all the constraints and
definitions analogues to the ones for the production bound but
now moving the bound upwards:

&) = agj - (t—s(v) + B + ARG (6)

As in [6] we require that V., cp : pi;(t) > ¢i;(t). We can
rewrite this, similar to the procedure in [6], to a constraint in
start times:

ij

’ RS, _(8TP _AP .RP. iy
5(vy) — s(v;) 2 AL RGO SalRpe) ()

g

In this equation, 0(e;;) represents the maximum allowed
number of initial tokens on edge e;; which controls the
maximum difference between the start times of actors v; and
Vj.

Algorithm 1

Minimize
> ale)Clei)d(eg) = D byle)RE; —
€ij ck €ij GEp
> belei) RS
erijEEc
Subject to
Vei; € E: s(v;) — s(vi) — Afj'ngjA?j'Rfj >
®)
Bij —(Bif +9(eis))
Yoi; € Vis(v;) >0 9)
Veij IS 5/(€ij) Z Qg - (S(UZ) - S(’Uj)) — ﬂ;p/+ (10)
A - RY A+ B+ A R
Veij cF: 5/(eij) >0 (11D
BTP_pP.
Veij € Ep : (efj -1 > R?j > (12)
v
Vey € B (05, —1) > RS, > 2l (13)
S
Veij S E\Ep : RZ =0 (14)
Veij € E\Ec : ’R,ZCJ =0 (15)
D (8 (ei) +1) - Cles;) <M (16)
ei,jEE

Algorithm 1 computes the maximum amount of resynchro-
nization given a memory constraint M. The solution of the
algorithm can be controlled by the weight factors a(e;;),
by(eij) and b.(e;;). Equation 8 constraints the start times of
actors as defined in (7). It ensures that it is possible to find start
times for the actors guaranteeing the throughput constraint and
also filters the resynchronization solutions leading to deadlock.
For edges that may contain initial tokens, (10) specifies the
needed number of initial tokens such that given the start times
and resynchronization, p;;(t) > ¢;;(t) holds for these edges.

A=100x1 B=10x1 C=10x10
The missing ratios within the CMA frame are all 10 x 1.

100

Figure 7. Task graph of the Extended Constant Modulus Algorithm

By using the token size, this number of initial tokens can be
transformed to the needed buffer capacity. The sum of these
buffer capacities needs to be bounded by M, which is enforced
by (16). The number of initial tokens is increased by one
to conservatively take the effect of ceiling this number after
the algorithm into account. With (12) and (13) we bound the
variables containing the resynchronization factor such that they
do not exceed their maximum value and that for each edge ¢;;,

,ijl and ,ijl are determined by the resynchronization bounds
as explained for the derivation of (4).

The LP algorithm calculates with real numbers. We however
need a integer value for each of the resynchronization factors
such that they correspond with a number of phases that a
production or consumption may be shifted and thus can be as-
signed again to an actual firing. This is done by flooring these
values. The resulting resynchronization factors are now |RY i
and |Rf;]. Flooring the resynchronization factors means that
productions / consumptions are shifted less phases than was
determined as the maximum shift thus this is allowed.

The determined number of initial tokens d(e;;) needs be a
integer value too. Due to the monotonic behavior of a CSDF
graph, the number of initial tokens may be increased without
violating the throughput constraint and can therefore be ceiled.
Using the floored resynchronization factors we can specify
the number of sufficient initial tokens J,(e;;) as the smallest
integer satisfying (10):

0s(ei) = auij - (s(vi) — s(vy))—
B+ AL - R+ B + A% - RG]

ij

a7)

The resynchronization factors can also be used to modify
the CSDF graph and a corresponding application such that the
synchronization granularity increases. This can be done in a
similar way as shown in Section III.

VI. CASE-STUDY

In this section the resynchronization technique is demon-
strated on a CMA algorithm of which the task graph is shown
in Figure 7. All functions (f;) in the figure, are fine-grained
parallel tasks. Together they form a task graph for which we
can construct a CSDF model in a similar way as in Section III.
We apply the presented resynchronization technique on this
CSDF model in order to increase the synchronization granular-
ity. The total number of synchronization statements considered
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Figure 8. Trade-off between memory size and resynchronization

for resynchronization in this application equals 650. The goal
is to decrease this number of synchronization statements. The
possible reduction is limited because of the cycles containing
edge (f13, BF). The number of initial data items on this edge
(d items in the task graph) specifies the maximum amount
of tokens at any time on each edge in these cycles. The
maximum number of tokens that can be consumed is thus
equal to this value d. This limits the amount of phases that
a consumption may be advanced and a production may be
postponed. However resynchronizing the synchronization calls
that regard space (not data) of the buffer (acquireSpace and
releaseSpace in Section III) is allowed if the buffer sizes are
large enough. Resynchronization of these calls does not add
delay to the critical cycles while, as illustrated in Figure 3,
these edges have an opposite direction and a variable number
of initial tokens.

The algorithm needs to find the edges at which resynchro-
nization is possible within the constraints of the cycles in the
task graph. If the memory size constraint is small, the produc-
tion on edge (f13, BF') is resynchronized. Relaxation of this
memory size constraint leads to the resynchronization of the
consumption of f1, fy and f1( instead of the resynchronization
of edge (f13, BF') because for this option, three instead of one
buffer is increased in size. Further relaxation of this constraint
changes the resynchronization in this cycle to the consumption
resynchronization of f5, fgs, f7 and f1o. Because the algorithm
maximizes the resynchronization, it is able to choose between
above options of resynchronization in the critical cycles and
resynchronization of the synchronization calls regarding space
in the buffer depending on the cost in buffer sizes.

Figure 8 shows the trade-off between the memory size
constraint and the amount of resynchronization that is possible
given a throughput constraint of p = 200 and equal firing
durations: V,,cv : p(v;) = 1. The weight factors and token
sizes are also chosen to be equal. It is also shown that
increasing the number of initial data items in the task graph
(d) allows more resynchronization. The execution time of
the resynchronization algorithm for this problem is below
20 milliseconds (using GLPK). The reader may wonder why
we did not use a more accurate Integer Linear Programming
(ILP) formulation in the algorithm. Tests with such a more
accurate ILP formulation show that the results of the algorithm
indeed slightly improve but the execution time of the algorithm
rapidly increases for more relaxed memory constraints. For the
same application the algorithm did not return an answer, given
a memory constraint of 200 tokens, within one hour.

The method as used in this case-study is implemented in

a parallelization tool for stream processing applications. The
CSDF synchronization model generated by the tool is used to
compute a possible resynchronization which is used to modify
the original tasks.

VII. CONCLUSION

This paper presents a linear programming formulation for
resynchronization of a CSDF graph given a throughput and a
memory size constraint. It is shown that expressing advancing
consumptions and postponing productions as a shift of linear
bounds, enables the creation of an LP formulation that can
be solved in polynomial time. This paper focuses on the
resynchronization method self. Actual improvements depend
on the application, granularity, platform, etc. and is considered
as future work.

The case-study illustrates that especially cyclic dependen-
cies can make resynchronization within a memory size con-
straint challenging. Furthermore it is shown that relaxation of
the memory size constraint allows additional resynchroniza-
tion.

The presented resynchronization approach can be useful for
applications which are parallelized at a fine granularity. Our
method can decrease the synchronization overhead of these
applications by increasing the synchronization grain without
violation of the throughput constraint. The presented method is
suitable as an optimization step in a parallelization tool which
makes the fine-grain parallelism explicit.
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